Main result THEOREM. Let n be a finite Borel measure on a metric space X, and let Y be a separable Banach space. If f is a /¿-measurable mapping from X into Y, then there exists a sequence {/ n } of continuous mappings from X into Y such that f n -• //t-a.e.
Proof. To prove the theorem it suffices to show that for any e > 0 and g > 0 there exists a continuous mapping g : X -»• Y such that (1) fi{x:\\f(x)-g(x)\\>e}<Q.
Indeed, if this is true, then choosing the sequences e -> 0 and g ->• 0 we can construct a sequence of continuous mappings from X into Y which is convergent in the measure ¡i to /, and from this sequence we may choose a subsequence which is convergent to / //-almost everywhere. Let e > 0 and g > 0 be fixed. We must construct a continuous mapping g : X -*• Y which satisfies (1) .
Denote by u a finite Borel measure on Y given by the formula v{B) = ¡j.{J~l{B)) for every Borel subset B of Y. Since each finite Borel measure on Y is tight (see [1, Theorem 1.4 This completes the proof of the theorem.
